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I. Contingentism and sets of possibilia
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Contingentism

— is existence contingent or necessary?

Necessitism [NNE-ism]: existence is necessary

(NNE) oVxoOdy(y = x)

Contingentism: existence is contingent

— motivation: apparently incompossible individuals

me v. Tom WWI v. GEP
—incmp(x,p) := ¢ind(x) A Oind(y) A =O(E!x A Ely)
— incompossibles motivate ‘strong contingentism’:

[sc-ism]: there could always be another individual

(sc) OVxxOdy(ind(p) Ay £ xx)
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Sets of possibilia | semantics 1

sc-ism: — semantic reflection motivates sets of possibilia:

Q: why is 0dxOdyinemp(x, ) true? (cf. Peacocke, Gupta)

— A: because there is a suitable assignment, e.g.

o:xr>me 7y Tom
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Sets of possibilia | semantics 2

— further motivation:

Q: how can we ‘make sense’ of the Goodman-Fritz sentence?

(GF) Most possible individuals are never born

- A: apply GQ semantics: e.g.

IDNN|>|D-N| D :=set of possible individuals
N :=set of never-borns

(D —set of ALL possible individuals)
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Sets of possibilia | metaphysics

— semantic reflection: motivates o, D
— but: assuming sc-ism, there are no such sets

— because: ontological dependence
[OD-set]: necessarily, a set exists only if its elements exist
— assuming sc-ism:

D exists =op_set all possible individuals exist = L
0 exists =, {me, Tom} exists =gp_set me and Tom exist = L

— what to do?

e non-standard semantics — avoid o, D, etc.
o bad metaphysics - reject [OD-set]

e retain standard semantics without bad metaphysics?
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Strategy #1 | sets of proxy-possibilia

Ersatzism: (e.g. Plantinga, Jager, ...)

e possible individual, x — x7, actual proxy (e.g. being x)

o set of possibilia — set of proxies —e.g.:
* * *
o x> me,y+— Tom

D* = set of proxy possible individuals
- bad metaphysics?

- non-standard semantics? — right TCs, wrong subject?

e sc-ist: ‘I exist contingently’

o Proxy semantics: being-me is contingently exemplified

J. P. Studd Contingentist sets as potentialist properties
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Strategy #2 | proxy-sets of possibilia

— Gupta hints at a different approach (1978, 465):

...even if our present conception of sets is such that on it
the set {Tom, You} does not exist there does not appear to be
any conceptual difficulty in introducing another conception
of sets according to which such sets do exist.

— my aim: provide such a conception of ‘set’

J. P. Studd Contingentist sets as potentialist properties



Contingentist sets Potentialist properties Psets Objections
0000000e 0000000 00000 0000

— reductive proposal:

— proxy-sets or psets: (cf. Bealer: ‘L-determinate’)
e pset — set-like or ‘stable’ attribute (silent p’)

e pmember: x € p understood as ¢(x exemplifies p)

— example: pset of possible individuals:

D* = being an individual me € D” Tom € D*

- plan:
e what is the underlying conception of properties?
o what makes psets setlike?

o what about non-standardness/badness objections?
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II. Potentialism and properties
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Russell’s paradox | properties and sets

Q: Which ¢(x) specify a nominalized property or attribute?
~—_—

type e type e

Naive A: any ¢(x)! et =: ‘coextensive’
T

e any ¢(x) defines a property: IXOVx(Xx & ¢(x))
e any property is nominalized: YX3yO(y = X) s00dL

e setcase: JdxxVx(x <xx & ¢)+Vaxxdy(y =xx)F L

P-COMP COLLAPSE

Potentalist A (set case): (e.g. Parsons, Linnebo)
e any ¢(x) defines a plurality: dxxVx(x < xx < ¢)

e any plurality potentially forms a set: Vxx[Edy(y = xx)

e is a similar move available for properties?
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Potentialism | properties

— informally, properties are introduced stagewise:

— at each stage:

Comprehension:
Plenitude:

Priority:

Individuals:

Intensionality:

any ¢(x) defines a property

each property is, at every later stage,
nominalized as a attribute

each attribute nominalizes some property
available at an earlier stage

individuals are available at every stage

necessarily coextensive properties/attributes
are identical

— aim for this section:
e motivate a modal property theory — mpT
e to start with: using an extensional metatheory

J. P. Studd
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Properties | (W, d,)-hierarchy

— iterative sets: “iteratively add all subsets”

U()I:U U11:UUPUO

Ua::UUUPUﬂ

p<a

- iterative properties: “iteratively add all subintensions”

J. P. Studd

stage 0: (W, d)

W := the set of worlds d: w d(w)

p is an intension on (W,d) —or p C d —if:

piw s plw)

p(w) € d(w)

powerset analogue — 7td := {p: p C d}

stage 1: (W, d;)

stage a: (W, d,)

di(w) :=d(w)Urnd

do(w) := d(w) U Up<q mdg

Contingentist sets as potentialist properties
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mpT | Kripke semantics
Su=nx|xny|Xx|x=y|=-S|S—>S|VxS|OS|GS|HS
- boldface: x is x or X

— formulas evaluated at (w, ), w € W,a € On

e w,a: Vxrangesover d,(w), VX overmd,

domain of Vx properties nominalized at « outer dom.
—_— —_—
dy(w) = d(w)UP, P, = Und,g D:= Uda(w)
p<a w,a
-a,p,QeD:
e warmpiffpeP, ‘p is an attribute’
e w,akanpiff pe Pyand a € p(w) ‘a exemplifies p’

e w,ak Qaiff Qe mnd, and a € Q(w)
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MpT | modal operators / modalization

e w,aEGYiff V>a: w,fE T-operator
e warHYiffVB<a:w,fEY l-operator
e warOYiff VveW:v,aky «<>-operator
e w,akAPiff VBeOn: w,fF ¢ APp:=HpAPAGP
e w,akEQiIff V(u,f) e WxOn: u,f k¢ o:= A0

¢ dual operators: [E := =A—, P := =H~, etc.
— to speak of whole hierarchy: ¢-modalize

2 V5 @Y, 3 3, atomic @ > oD
e w,a FVxp(x) iff, for everya e d,(w), w,a £ ¢(a)
e w,ak (Yx¢(x))® iff, for every a € D, w,a E (¢(a))®

J. P. Studd Contingentist sets as potentialist properties 15
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MPT | modal property theory

MmpT = free second-order modal logic + ---

comp JXOVx(Xx < ¢)

PLEN,; E!X - GdyO(y =X) =: coextensive attribute/property
PrI; 7y — PIAXO(y = X)
IND,, indx — AElx indx := Elx A =7tx

INT, ElxANO(x=y) >x=y

—-sound: MPT+ ¢ = w,a kP

— can we take Kripke semantics seriously?
e yes! there is an intended hierarchy, (W*,d},)

e W*and d}, are psets

J. P. Studd Contingentist sets as potentialist properties 16
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II1. Psets
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Psets | stable properties
— pset := attribute that is ‘stable’
e peP,isstableif foranyae D, ,ND, ,:
aep(w)iff aep(u)
e e.g. being a person — stable being a philosopher — non-stable
e object language: 1,y :=my AQYX(Ox1y = x1 D)

w,a E 1t,p iff p € P, and p is stable

J. P. Studd Contingentist sets as potentialist properties 18
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Psets | setlike properties

— thm: mpr interprets su, ~ impure (Z - inf + “V =, V,,”)
o define -* like ®-modalization, except:
(Bx)" := Em,x (xep) :=0xny AEm,Y
o SU, ¢ implies mpT F P
— application: psets of incompossibles
e recall me v. Tom:
sup FYa¥b(dss={a,b}) wmpr+EYar¥b(Iss = {a,b})"

e 0: x> me;y— Tom:

su, + set of variables +- VaVb (Jo: x> a; y > b)
MPT + pset of variables + mVamVb (0 x +— a; y +— b)*

J. P. Studd Contingentist sets as potentialist properties 19
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Psets | intended Kripke structures
— the ‘intended” Kripke semantics goes beyond su,, (or zru):
—intended initial frame: (W*,d")

W*={w:wisaworld} d*:w> {x:xisan individual at w}

- Kripke semantics in mpt:
o define @w (cf. Fine, Reinhardt) and @« (cf. Studd)

o extend (-)*:
(wis a world)” := C@w

(x is an individual at w)* := ¢(ind x A @Qw)
— prop: mpT + (Ya € On : (W*,d7,) exists)"

—thm: (W",d},)-hierarchy captures intended interpretation:
@QW, @ Fypy ¢ & (W, E D)

J. P. Studd Contingentist sets as potentialist properties 20
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Psets | making sense of NNE-ist discourse

— MPT: constant-domain structures exist too — e.g.:

(W*,w*,D*y EnnE)*  w* - actual world, (D" = U, d"(w))"
—is (W*,w*,D*) intended?
sc-ist — no! NNE-ist — yes!

— sc-ist: unintended but useful:

NNE-ist: ‘p!”  sc-ist: ‘oh! — you mean: ((W*,w*, D*) £ ¢)*’

e NNE-ist: ‘most possible individuals are never born’
e sc-ist: — you mean:
‘((W*,w*,D*) E most possible individuals are never born)*’
—ie. (|ID*NN*|>|D* - N*|)*
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IV. Objections and replies
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Bad metaphysics? | ontological dependence

- bad metaphysics?
[OD-set]: a set exists only if its members exist TRUE
[OD-pset]: a pset exists only if its pmembers exist FALSE

— OD-pset stands/falls with OD-att:
[OD-att]: an attribute exists only if its possible exemplifiers exist

e clear failures: e.g. being an individual
 controversial: OD-att fails for ‘quidditative’ attributes
being me or being Tom exists (but Tom does not exist)
—reply: respectable conceptions make both
(i) OD-set hold (ii) OD-att fail (lots)
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- potentialist ontological dependence: (ct. Priority)
[POD-set]: a set exists only if its plurality exists

[POD-att]: an attribute exists only if its property exists

— OD-set and OD-att turn on:

[OD-plu]: a plurality exists only if its members exist

[OD-pty]: a property exists only if its possible instantiators do

- ‘nothing over and above’: OD-plu holds (cf. Roberts)

- ‘mere intensions’: (cf. ‘minimalism’)
e if ¢(x,ay,...,a,) has a well-defined intension, a unique
property is necessarily coextensive with ¢(x,ay,...,a,)
e COMP +INT, F OVXO3IY(Y = X)
e assuming sc, OD-pty fails
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Change the sets, change the subject?

- non-standard semantics?
e ersatz semantics: wrong subject matter

e why think switching sets for psets does better?

- reply: important difference v. ersatzism
e psets are proxy-sets of genuine possibilia — e.g.
ersatz semantics: pset semantics:
me*, Tom* € D* me, Tom € D*
Vx ranges over proxies Vx ranges over possibilia
e semantics — standardly cast in set theory

— but: indifferent to ‘deeper’ nature of sets
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Appendix
°

mpT | SO modal logic
LprT = free SO logic + basic tense logic + s5 for O + ®E!x +
p: G —>F¢
H: My AMps = (M(d1 Ad2)V M(p1 AMp2)V M(pr AM¢py)) M =IF, P
LoB: P — P(p AH-¢)
cBr: GYx¢p — VxGo

pROG: OG¢ < GOg sim. prROH
PROG: OGP — GOP sim. PROG, pRIFO, PRIPO

comp 1XOVx(Xx & ¢)

e 7 is J-stable — as is 1 (and Xx)
[Ertx A Elx — mix ExnyAElx,y >xny
o VXAY(,Y AY =X) (cf. Gallin)
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